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The system generated additively by the set of all endomorphisms (inner 
automorphisms) of a-not necessarily Abelian-group (G, +) is a near ring 
which will be denoted by E(G)(Z(G)). T(G) will denote the near ring of all 
functions on (G, -I-) to (G, -r). T,,(G) is the subnear ring of T(G) consisting 
of the functions which leave 0 fixed. The group operation of a symmetric 
group will be called addition and (S, , +) will designate the symmetric group 
on the integers 1 thru n. 
It was shown in [5l that a given near ring may be embedded in some T(G). 
A necessary condition that a given near ring R may be embedded in some 
E(G) is 
(“) Or = 10 = 0 for each I E R. 
We now show that, for finite near rings, condition (*) is also sufficient. 
THEOREM. Let (G, +) be a finite group. There exists a finite simple group 
(S, +) such that any near ring satisfying (“) mhose group part is (G, -{-) can be 
embedded in Z(S). Morewer, Z(S) = E(S) = T,(S). 
Proof. The group (G, +) may be embedded in a symmetric group 
(S, , -k). Next, (S, , +) is embedded in (An-!-s, +). This can be accom- 
plished in the following manner: Let 01 E S, . If iy. is an even permutation, 
then the image of 01 in &.s is (Y itself considered as a permutation on the 
integers 1 thru n + 2 which fixes n 1. 1 and n + 2. If (Y is an odd permutation, 
then the image of OL in A,,, is (Y times the transposition (n I 1, n i- 2). It is 
easily checked that this map is an embedding map. Since it may be presumed 
that n 3 3, (A,:.z, +) is a simple group. Since (G, +) is embedded in 
(A n+2 , +), it follows, by the technique of the proof of Theorem 1 of [5], that 
any near ring defined on (G, -t) is embedded in T&A,&. This embedding is 
accomplished by assigning tog E C, the map 7g E To(A,+J such that XT,, = xg 
if x E G; XT, = g if x E An+2 - G. But Frohlich has shown (2.4, [4]) that, 
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surprisingly, for any finite simple non Abelian group (S, -I-) it is true that 
I(S) = E(S) = T,(S). F rom this the theorem follows. 
Although the procedure given in the proof of the theorem embeds a given 
near ring in a comparatively large near ring, there is some advantage to this 
embedding in the fact that much is known about the structure of T,,(G). 
Berman and Silverman [l] have shown that, for finite and infinite (G, +), 
TO(G) contains no nontrivial ideals. For finite (G, +), Blackett (Chapter 3, 
[3]) has displayed all right ideals of T,(G). Blackett [3] and Frohlich [4] show 
that T,(S) has no nontrivial left ideals. 
Unlike the process for embedding a ring into a ring of endomorphisms, 
the process of the theorem does not embed the given near ring as an ideal 
(or even a right ideal) in E(S). It is, in general, impossible to remedy this. 
Betsch [2] has shown that there exist near rings satisfying (*) which cannot be 
embedded as right ideals in a near ring with identity. 
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